Theorem A is similar to a result in [1] of Birkhoff. He showed that if H and V are as above, V is associative, V is Frechet differentiable on a neighborhood of (0, 0), and V is continuous at (0, 0) then some neighborhood of 0 is covered by partial homomorphic images of the additive group of real numbers.
To see that Theorem A is not a special case of this result of Birkhoff, we offer the following example. Denote by E the 2-dimensional Euclidean space and define V from E x E to E by V ((x, y) , (z, w) 
. If S is a 1-dimensional linear subspace of E and each of p and q is in S then V(p, q) -p + q. Thus V is power associative and 0 is an identity for V. V is not associative but V is continuously differentiate on E x E.
We will now prove Theorem A. Regard H x H as a Banach space in the usual way, defining the norm of a member (x, y) of H x H by \\(x 9 y)\\ -max {| I $ 11, \\y\\\. If c is a positive number, denote by R{c) the set to which x belongs if and only if x is in H and ||α?|| < c. 
As special cases of this inequality we obtain
\\V(x,v)\\<M\\(x,y)\\ and 2. \\V(x 9 y)-v\\<M\\x\\.
Similarly, if each of x and y is in Proof. Note \V'(0, 0) | = 2 so M > 3/2. If x is in R(r), it is clear, using inequality 1, that g ι {xY exists for each i = 0, 1, or 2 and has norm less than AT ||a?||(2/3).
Suppose m is an integer greater than 1 and assume that for each integer k in [1, m) 
